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3. The generalization

Instead of allowing the subsequence to make “one turn” as in the unimodal
case, one can consider subsquences which make k turns. Explicitly, let [.(n) be
the expected length of the longest subsequence S of a random permutation with
the following property:

S can be decomposed into k+1 segments which are monotone and which
alternate between increasing and decreasing.

The method of the preceeding section can be used easily to show

lim [ (n)/Vn=2Vk +1;

all one has to do is define the proper analogue U, (k) of U, and argue as before.
One should also note that the preceding bounds also prove the almost sure and L'
convergence of U, (k)/~nto 2Vk +1.
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